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Abstract: The Fermi bubbles and the eROSITA bubbles around the Milky Way Galaxy are speculated
to be the aftermaths of past jet eruptions from a supermassive black hole in the galactic center. In this
work, a 2.5D axisymmetric relativistic magnetohydrodynamic (RMHD) model is applied to simulate
a jet eruption from our galactic center and to reconstruct the observed Fermi bubbles and eROSITA
bubbles. High-energy non-thermal electrons are excited around forward shock and discontinuity
transition regions in the simulated plasma distributions. The γ-ray and X-ray emissions from these
electrons manifest patterns on the skymap that match the observed Fermi bubbles and eROSITA
bubbles, respectively, in shape, size and radiation intensity. The influence of the background magnetic
field, initial mass distribution in the Galaxy, and the jet parameters on the plasma distributions and
hence these bubbles is analyzed. Subtle effects on the evolution of plasma distributions attributed to
the adoption of a galactic disk model versus a spiral-arm model are also studied.

Keywords: supermassive black hole (SMBH); jet; relativistic magnetohydrodynamic (RMHD) model;
Milky Way Galaxy; Fermi bubbles; eROSITA bubbles

1. Introduction

The Fermi and the eROSITA bubbles recently discovered were speculated to be the
aftermaths of past jet eruptions from the center of our Milky Way Galaxy [1–3] millions of
years (Myrs) ago. A supermassive black hole (SMBH) is commonly observed in the center
of a galaxy, which spews powerful kpc-scale jets intermittently [4,5].

Two γ-ray Fermi bubbles were manifested on the skymap in the range of ±50◦ in
latitude, extending about 40◦ in longitude [2]. The plasma dynamics behind the Fermi
bubbles has been studied by applying various hydrodynamic (HD) or magnetohydrody-
namic (MHD) models and simulations. However, the time scales and jet parameters in
different models may deviate significantly since they cannot be directly observed [6–8].
In [6], Fermi bubbles were reconstructed by simulating an active galactic nucleus (AGN) jet
that erupted from the SMBH in the galactic center 1.2 Myrs ago with a 3D MHD model.
In [7], the morphology of Fermi bubbles was revealed by simulating an AGN jet that
erupted about 5 Myrs ago with an HD model, neglecting the effects of the magnetic field.
In [8], Fermi bubbles were studied by applying an MHD model, with a jet that erupted
about 2.6 Myrs ago.

The jet morphology and the spectrum of Fermi bubbles could be explained in terms of
cosmic rays [8], generated via leptonic, hadronic and in situ acceleration processes [9]. A
leptonic process may last for a few Myrs and a hadronic process may last for more than
10 Myrs. A hadronic process alone could not account for the observed emission spectrum;
hence, a hybrid model including cosmic-ray electrons from other sources was proposed [8].
Leptons, hadrons or their combination are accelerated by shocks to emit γ-rays, manifesting
sharp edges of the bubbles. However, this model predicted constant volume emissivity,
which could not explain the flat surface brightness projected on the skymap [9]. An RMHD
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model may have a better chance to simulate the plasma distributions and subsequently
reconstruct the bubbles that match the observation in shape, size and radiation intensity.

In [10,11], the emission from Fermi bubbles was simulated by applying an MHD
model coupled with a diffusion–advection equation of cosmic rays. The emission spectra of
hadronic, leptonic and hybrid cosmic rays manifest similar features, with stronger emission
in X-ray and γ-ray from hadronic cosmic rays than from leptonic cosmic rays [10]. The X-
ray and γ-ray were mainly contributed via inverse Compton scattering, weakly contributed
by bremsstrahlung and negligibly by synchrotron radiation.

Tidal disruption events (TDEs) and winds from hot accretion flow have also been
proposed to explain the formation of Fermi bubbles [12,13]. In [12], the energy released by a
TDE of stars, triggered by an SMBH, was studied. Routine TDEs near a galactic center could
accumulate energy to form large-scale structures like Fermi bubbles. However, the mass of
a black hole at our galactic center is not sufficient to drive TDEs out of the surrounding
stars. In the simulation of [13], Fermi bubbles were inflated by the winds from past hot
accretion flow in Sgr A*, which lasted for about 10 Myrs and quenched 0.2 Myrs ago.

The eROSITA bubbles emitting soft X-ray were observed to manifest a roughly spheri-
cal shape, extending in the range of ±80◦ in latitude and about 80◦ in longitude [3]. The
edges of eROSITA bubbles appear brighter and hotter than the ambient, consistent with
the features of a forward shock released from a strong energy release event at the galactic
center.

The front edge of the eROSITA bubbles and the boundary between eROSITA and
Fermi bubbles are clues of past jet eruptions [3]. Four possible mechanisms were proposed
to explain the boundary between eROSITA bubbles and Fermi bubbles, including a forward
shock from a sequence of energy release events, a reverse shock, a wind-termination shock
and a contact discontinuity. If both the eROSITA bubbles and the Fermi bubbles were
driven by the same energy release event at the galactic center, the boundary between them
would be a contact discontinuity, and the front-edge of the eROSITA bubbles would be a
shock plowing through the halo gas.

Bubble-like structures were also observed around external galaxies [14,15]. In [14],
a diffuse γ-ray halo, with a luminosity of (3.2 ± 0.6)× 1038 (erg/s) in 0.3–100 GeV, was
discovered around the Andromeda Galaxy M31 by analyzing the Fermi LAT data over
almost 7 years. Two 6–7.5 kpc bubbles, symmetrical about the M31 galactic disc, were
revealed by using a best-fit halo template. The bubbles looked similar to the Fermi bubbles
around our galactic center. Similar eROSITA bubbles around M31 were also conjectured.
In [15], a nuclear superbubble emitting hard X-rays was observed on the southwest side of
the galactic center of NGC 3079. No hard X-ray emission was detected on the northeast side,
which could not be explained with inverse Compton scattering or stellar X-ray sources.
However, the combination of synchrotron emission and thermal bremsstrahlung at about
1 keV could account for the broadband radio/hard X-ray spectra.

Different sets of parameters have been proposed to account for similar observation
features of Fermi bubbles and eROSITA bubbles, possibly attributed to the complicated and
nonlinear physical processes underpinning these phenomena. In [8], both Fermi bubbles
and eROSITA bubbles were simulated under a single jet eruption from the galactic center
2.6 Myrs ago. The morphology and multi-wavelength spectra of the observed bubbles
were reconstructed, and different sets of parameters might lead to similar morphology. The
reported age of bubbles ranges from 1.2 Myrs to 9 Myrs [6–8]. The Fermi bubbles and the
eROSITA bubbles would take shape more quickly if the initial mass distribution in the
Galaxy was not included. A more general study on the interactions among the background
magnetic field, jet parameters and the observation data will improve understanding about
the physical mechanisms behind the formation of Fermi bubbles and eROSITA bubbles.

A typical jet speed is about 0.1c and a typical plasma flow speed is about 0.01–0.1c [6–8].
The plasma flow near the dilute spine region of a jet is sensitive to the gas pressure and can be
accelerated closer to the speed of light. Thus, a relativistic magnetohydrodynamic (RMHD)
model will be more robust for simulating the Fermi bubbles and the eROSITA bubbles.
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In this work, a 2.5D axisymmetric RMHD model is applied to simulate a jet eruption
from the center of our Milky Way Galaxy, arousing a forward shock and a tangential
discontinuity. The RMHD model is validated by comparing with the results in the literature.
The effects of background magnetic field, initial mass distribution in the Galaxy and jet
parameters on the evolution of plasma distributions are simulated. Subtle effects on the
evolution of plasma distributions attributed to the adoption of a galactic disk model versus
a spiral-arm model are also studied. The emissivities of leptonic and hadronic processes
from the plasma distribution are investigated to successfully reconstruct the morphology
of Fermi bubbles in γ-ray and eROSITA bubbles in X-ray on the skymap. The simulated
bubbles are compared with the observation data in shape, size and radiation intensity.

The rest of this work is organized as follows. The RMHD model and emission mecha-
nisms are presented in Section 2, simulations on magnetized jets in the Milky Way Galaxy
are discussed in Section 3, simulations on the emission from Fermi bubbles and eROSITA
bubbles are analyzed in Section 4, and some conclusions are drawn in Section 5.

2. RMHD Model and Emission Mechanisms

Relativistic magnetohydrodynamic (RMHD) equations are chosen to describe the evo-
lution of plasma distribution in the Galaxy, where the plasma velocity in some regions can
be sufficiently high, while the effect of general relativity is ignored since the neighborhood
of SMBH is not of our main concern. The RMHD equations are given by [16–18]

∂µ(ρuµ) = 0 (1)

∂νT1ν = ρgr + ρΦ,1 (2)

∂νT2ν = 0 (3)

∂νT3ν = ρΦ,3 (4)

∂νT0ν =
1
c
(ρvrgr + ρviΦ,i), i = 1, 2, 3 (5)

∂νGµν = 0 (6)

where

uµ =
dxµ

dτ
=

(
c√

1 − v2/c2
,

v̄√
1 − v2/c2

)
Tµν =

(
ρc2 + ε + p +

|b|2
4π

)
uµ

c
uν

c
+

(
p +

|b|2
8π

)
gµν − bµbν

4π

Gµν = bµ uν

c
− bν uµ

c

gr = −GM∗
r2

are the four-velocity, stress–energy tensor, dual of Faraday tensor and gravitational accel-
eration, respectively; G is the gravitational constant, v̄ is the three-velocity, dτ = dt/γ, γ
is the Lorentz factor, xµ = (x0, x1, x2, x3) = (ct, r, θ, z) in cylindrical coordinates, ρ is the
rest-mass density, ε is the internal energy density, p is the gas pressure, bµ is the magnetic
four-vector, with [18]

bi =
cBi + uib0

u0 , i = 1, 2, 3 (7)

b0 = giµBi uµ

c
(8)

Bi is the magnetic three-vector, and |b|2 = bµbνgµν = −(b0)2 + (b1)2 + (b2)2 + (b3)2. The
gravitation acceleration gr is attributed to the Sgr A∗ with mass M∗ = 4.4 × 106M⊙ [19].
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The gravitational field attributed to the mass in the Milky Way Galaxy is given by ∇Φ,
with Φ the potential function that satisfies the Poisson’s equation, ∇2Φ = 4πGρbulge, and

ρbulge = ρb + ρthin + ρthick + ρHI + ρm + ρd (9)

where ρb, ρthin, ρthick, ρHI, ρm and ρd are the mass densities in the galactic bulge, thin
stellar disk, thick stellar disk, HI (neutral atomic hydrogen) gas disk, molecular disk and
dark-matter halo, respectively [7].

The initial temperature of the plasma is assumed to be T = 2.32 × 106 K [7]. The gas
pressure is governed by the ideal gas law, with a mean particle weight of µ = 0.61 [7]. The
gas pressure is related to the internal energy density as p = (Γ − 1)ε, where Γ = cp/cv
is the ratio of specific heats, which is approximated as Γ = 5/3 in the regions where the
plasma flow is mild (γ ≃ 1).

The initial magnetic-field distribution is assumed to be [20]

B̄p =
1
r
∇ψ × ϕ̂ (10)

where

ψ = r2B0e−r/r0−z/z0 (11)

is a flux function modified from the default model in GALPROP, with |B̄| converging at
r = 0 and ∇ · B̄ = 0 [8,21]; B0 is the field strength, r0 = 2 kpc and z0 = 2 kpc.

To ensure numerical stability, all the physical variables are normalized with re-
spect to L0 = 1 kpc = 3.0856 × 1021 cm in length, c in speed, t0 = c/L0 in time, ρ0 =
107M⊙/kpc3 = 6.8 × 10−25 g/cm3 in mass density, p0 = ρ0c2 = 6.1 × 10−4 dyn/cm2 in
pressure, T0 = 6.6 × 1012 K in temperature and b0 =

√
4πρ0c2 = 8.5 × 10−2 G in magnetic

field. Thus, the four-velocity, stress–energy tensor, dual of Faraday tensor and magnetic
four-vector are normalized as

u′µ = γ(1, v̄′) (12)

T′µν = (ρ′ + ε′ + p′ + |b′|2)u′µu′ν +

(
p′ +

|b′|2
2

)
gµν − b′µb′ν (13)

G′µν = b′µu′ν − b′νu′µ (14)

b′µ = γ

[
v̄′ · B̄′,

B̄′

γ2 + v̄′(v̄′ · B̄′)

]
(15)

|b′|2 = b′µb′µ =
|B̄′|2
γ2 + (v̄′ · B̄′)2 (16)

In the subsequent discussions, the ′ notation is omitted for clarity.
Next, MATLAB codes are developed to solve the RMHD equations by applying a

Godunov-type finite-volume algorithm with HLL-type Riemann solvers and slope lim-
iters [22]. A constrained transport method is applied to maintain the divergence-free
condition of the magnetic field [23]. The codes are validated in Orszag–Tang and blast
wave tests, simulating shock tubes, magnetic flux emergence and relativistic magnetized
jets [24,25].

In the simulations, a jet of radius rj erupts from the center of our Milky Way Galaxy,
in both ẑ and −ẑ directions, and lasts for tj. The gas density, thermal energy density,
temperature and injection speed are ρj, ε j T and vj, respectively. A reflective boundary
condition is imposed along the z axis (r = 0) and the region r > rj at z = 0. On the jet base
(r ≤ rj at z = 0), an injection boundary condition is imposed during t < tj, and a reflective
boundary condition is imposed during t ≥ tj. An open boundary condition is imposed on
the outer boundaries in the r and z directions. The simulation results with fine grid sizes
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of ∆r = 0.01 and ∆z = 0.1 are almost the same as those obtained with coarse grid sizes of
∆r = 0.02 and ∆z = 0.18.

2.1. Emission Mechanisms of Leptons

The radiation (emission) from the Fermi bubbles and the eROSITA bubbles is governed
by the time-independent radiative transfer equation [26]

∂Iν(r̄, Ω̄)

∂s
= jν(r̄, Ω̄)− κν(r̄, Ω̄)Iν(r̄, Ω̄) (17)

where Iν is the radiation intensity, jν is the emission coefficient, κν is the absorption coeffi-
cient, s is the radiation path, Ω̄ = (∂x/∂s, ∂y/∂s, ∂z/∂s) is the direction cosines of radiation
intensity and dt = ds/c. The radiation is computed by integrating (17) along the line-of-
sight (LoS) path, starting from the farther boundary of the computational domain [25], with
the result projected onto the skymap. The light traverse effect is neglected because the time
scale of plasma evolution is about 10 Myrs, much longer than the light traverse time of
several kyrs [25].

The leptonic emission is contributed by synchrotron radiation, inverse Compton scat-
tering and bremsstrahlung [11]. Synchrotron radiation originates from relativistic charged
particles accelerated by the magnetic field [27]. The inverse Compton scattering results in
net energy transfer from fast moving electrons to photons. The bremsstrahlung is caused
by the acceleration of charged particles in the Coulomb field of other charged particles [28].
The interaction of fast-moving electrons with rest protons and ions induces non-thermal
bremsstrahlung, while the electron–ion interaction at nonrelativistic temperatures induces
thermal bremsstrahlung.

Most electrons in a plasma follow the Maxwell–Boltzmann distribution, while a small
fraction of non-thermal electrons follow a power-law distribution in terms of the internal
energy as [27,29–31]

dne(E) = N0E−pe dE (18)

where N0 is a normalization factor and pe = 2.2 is a power-law index. Under a relativistic
condition of γe ≫ 1, E ≃ γemec2 and (18) is reduced to

dne(γe) = N(γe)dγe = N0(mec2)−pe+1γ
−pe
e dγe (19)

which is integrated to obtain the number density of non-thermal electrons

Ne =
∫ Emax

Emin

dne(E) =
N0

pe − 1
(E−pe+1

min − E−pe+1
max ) = a1n (20)

where Emin and Emax are the minimum and the maximum internal energies, respectively,
where Emax is determined by cooling mechanism, n is the total electron number density
and a1 is an empirical fraction.

Similarly, the internal energy density of non-thermal electrons is given by

Ue =
∫ Emax

Emin

Edne(E) =
N0

pe − 2
(E−pe+2

min − E−pe+2
max ) = a2ε (21)

where ε = p/(Γ − 1) is the total internal energy density and a2 is another empirical fraction.
In [32], the time evolution of bubbles was simulated by using an MHD model, along

with the cosmic-ray (CR) spectrum. The electron energy of cosmic rays achieved maximum
near the front edge of the bubble, at t = 1.2 Myrs, which was about hundreds of GeV at
low galactic latitudes and about 1 TeV at high latitudes. Initially, the maximum energy
was Emax ≃ 104 GeV; then, it decayed rapidly within ∼0.3 Myrs due to synchrotron and
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inverse-Compton cooling, and finally settled to several hundreds of GeV, compatible with
the observed value of Emax ≃ 250 GeV in the present day.

In this work, both non-thermal electrons and protons are assumed to follow the same
power-law distribution over the energy internal of [Emin, Emax]. Based on the simulation
and observation data in [32], we set Emax = 250 GeV. Then, Emin is determined by dividing
(21) with (20) to obtain

Ue

Ne
=

E−pe+2
min − E−pe+2

max

E−pe+1
min − E−pe+1

max

pe − 1
pe − 2

(22)

which is solved for Emin by using a secant method [33]. The normalization factor N0 is
determined by substituting Emin into (20).

The spectral emissivity of leptons is given by [10,11]

jν(ϵ) = jsy(ϵ) + jic(ϵ) + jnt
ff (ϵ) + jtff(ϵ) (23)

where ϵ = hν is the photon (radiation) energy, and jsy(ϵ), jic(ϵ), jnt
ff (ϵ) and jtff(ϵ) are the

spectral emissivities of synchrotron radiation, inverse Compton scattering, non-thermal
bremsstrahlung and thermal bremsstrahlung, respectively.

The emissivity of synchrotron radiation is given by [11,34]

jsy(ϵ) =
4
√

3πre

9
mec

ν2

νB

∫ γmax

γmin

dγe

γ4
e

dne

dγe
F(x) (24)

where x = ν/(3νBγ2
e ), νB = qeB/(2πmec) and

F(x) = K4/3(x)K1/3(x)− 3
5

x
[
K2

4/3(x)− K2
1/3(x)

]
(25)

Km(x) is the mth-order modified Bessel function of the second kind.
The spectral emissivity of inverse Compton scattering is given by [28]

jic(ϵ) = 3cσTϵ
∫ γe max

γe min

∫ 1
4γ2

e ϵ0
N(γe)nph

(
ϵ0

mec2

)
f (xic, ϵ0)dϵ0dγe (26)

where ϵ0 is the energy of incident photon, nph is the number density of the cosmological
microwave background (CMB) and interstellar radiation field (ISRF), xic = ϵ/(4γ2

e ϵ0),
σT = 8πr2

e /3 is the Thomson cross-section, N(γe) is the distribution of electrons and

f (xic, ϵ0) = 2xic ln xic + xic + 1 − 2x2
ic

Since non-thermal electrons follow the power-law distribution, (26) is transformed to

jic(ϵ) =
3

4π
cσTC2pe−2ϵ−(pe−1)/2

∫ xic max

xic min

∫
ϵ
(pe−1)/2
0

nph

(
ϵ0

mec2

)
x(pe−1)/2

ic f (xic, ϵ0)dϵ0dxic (27)

where C = N0(mec2)−pe+1, xic min = ϵ/(4γ2
maxϵ0) and xic max = ϵ/(4γ2

minϵ0). The spectral
emissivities of non-thermal and thermal bremsstrahlung can be found in [11,34], respectively.

The absorption coefficient κ(ν) in the observer coordinates is transformed from κ′(ν′)
in the comoving coordinates of plasma as follows [35]:

κ(ν) = δ−1κ′(ν′) (28)
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where

κ′(ν′) = −3
√

3σTcUBc1

16π2meν′2νB
[h(ν′, x1, pe, K)− h(ν′, x2, pe, K)] (29)

is the electron self-absorption coefficient, δ = 1/[γ(1 − v cos θ/c)] = ν/ν′ is the Doppler
factor, θ is the angle between the plasma flow direction and the line-of-sight direction,

h(ν, x, pe, K) = (pe + 2)3pe/2
(

ν′

νB

)−pe/2

xc2+pe/2(c3x)−c2−pe/2Γ(c2 + pe/2, c3x)

Γ(x, y) is the incomplete gamma function, UB = |B̄|2/(8π) is the magnetic energy density,
pe = 2.2, c1 = 0.78, c2 = 0.25, c3 = 2.175, K = N0(mec2)−pe+1, x1 = ν′/(3γ2

maxνB),
x2 = ν′/(3γ2

minνB) and νB = qeB/(2πmec). The absorption of photons by electrons can be
neglected if the photon frequency is sufficiently high.

In short, the distribution ne(E) of non-thermal electrons and the associated parameters
N0 and Emin are determined first. Then, the emissivities and absorption coefficients are
computed by using (23) and (28), respectively. Finally, the radiation intensity on the skymap
is computed by solving (17).

2.2. Emission Mechanisms of Hadrons

The emission from Fermi bubbles and eROSITA bubbles may be contributed by an
inelastic proton–proton collision that produces γ-rays and secondary particles [10,36,37]. A
proton–proton collision may lead to p + p → p + ∆+ or p + p → n + ∆++ [10,36], where
∆+ (uud) and ∆++ (uuu) stand for Delta baryons, which decay rapidly on a time scale of
5.63 × 10−24 s to produce charged and neutral pions. In other words, pions are produced
alternatively via p + p → p + p + π0, p + p → p + p + 2π0, p + p → p + n + π+ + π0,
p + p → D + π+ + π0 or p + p → p + p + π+ + π− [36], where D stands for deuterium.
The fractions of pions thus produced were (π+, π−, π0) = (0.6, 0.1, 0.3) at 1 GeV [10]. The
charged pions decay to produce secondary electrons, and the neutral pions decay to emit
γ-rays via π0 → γ + γ [37].

The spectral emissivity of γ-rays attributed to the decay of neutral pions is given
by [10,36]

jπγ(ϵ) = ϵλcmec2nH

∫ γp max

γp min

dσ

dϵ
Np(γp)dγp (30)

with the differential cross-section of γ-rays via the process π0 → γ + γ given by [36]

dσ(γp, ϵ)

dϵ
= P(γp)F(γp, ϵ) (31)

where P(γp) is a peak function and F(γp, ϵ) is a spectral shape function. The number
density Np(γp) of high-energy protons at Lorentz factor γp is related to the plasma number
density n as Np = a1pn, and the high-energy proton internal energy density Up is related to
the total internal energy density ε as Up = a2pε. In this work, we make the approximation
that a1p = a1 and a2p = a2.

The steady-state distribution of secondary electrons is approximated as [10,37]

Ne(Ee) = tcool(Ee)
∫ Emax

e

Ee
Qe(E′

e)dE′
e (32)

where

tcool(Ee) =

(
1

τComb
+

1
τbrem

+
1

τsync+IC

)−1

(yr) (33)
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is the effective electron cooling time scale [38], with the contributions from Coulomb,
bremsstrahlung, and synchrotron plus inverse Compton scattering given by [38]

τComb = 2.53 × 109
(

| p̄|
100mec

)( n
10−3

)−1
(yr)

τbrem = 6 × 1012
( n

10−3

)−1
(yr)

τsync+IC = 2.3 × 108
(

| p̄|
104mec

)−1(
1 +

uB
ucmb

)−1
(yr)

respectively, where | p̄| is the electron momentum, and uB and ucmb are the energy densities
of magnetic field and cosmic microwave background, respectively. The Coulomb interaction
dominates low-energy electrons, synchrotron radiation and inverse Compton scattering
mainly affecting high-energy electrons, while the bremsstrahlung radiation is negligible.

The energy spectrum of secondary electrons is given by [37]

Qe(Ee) = 2
∫ 1

0
fe(xe)Jπ(Ee/xe)

dxe

xe
(34)

where fe(xe) is the distribution function of electrons, xe = Ee/Eπ and Jπ(Ee/xe) is the
production rate of pions, which is given by [37]

Jπ(Ee/xe)
dxe

xe
= −Jπ(Eπ)

dEπ

Eπ
= −Fπ(x, Ep)

dx
Eπ

(35)

where Ep is the proton energy, x = Eπ/Ep and Fπ(x, Ep) is the energy spectrum of pions.
By substituting (35) into (34), the energy spectrum of secondary electrons is reduced to

Qe(Ee) = 2
∫ Ep max

Ee
fe(Ee/Eπ)Fπ(Eπ/Ep, Ep)

dEπ

EπEp
(36)

which is weighted by the number density distribution of protons, Np(Ep), to become

Qe(Ee) = 2
∫ Ep max

Ep min

∫ Ep max

Ee
fe(Ee/Eπ)Fπ(Eπ/Ep, Ep)

Np(Ep)

EπEp
dEπdEp (37)

In short, the emission from hadrons is obtained by first computing the spectral emis-
sivity of γ-rays attributed to the decay of neutral pions with (30). Then, the steady-state
distribution of secondary electrons is computed with (32), and the radiation intensity is
obtained by solving (17).

3. Simulations on Magnetized Jets in Milky Way Galaxy

In this section, we will simulate jet eruption from the center of our Milky Way Galaxy
with the RMHD model.

Table 1 lists the simulation cases and relevant parameters in this work and the literature.
Only Fermi bubbles were simulated in [6,7], while both Fermi and eROSITA bubbles were
simulated in [8]. The evolution of Fermi and eROSITA bubbles were simulated with the
HD or MHD models [6–8]. The magnetic field plays an important role in the jet evolution,
but was not included in an HD model [25].

Debates on jet eruptions and their aftermaths on large-scale structures like bubbles
have not been settled. The evolution time of bubbles after jet eruption was conjectured
to be from 1.2 Myrs to 9 Myrs, accompanied by different sets of simulation parameters.
For example, the inclusion of initial mass distribution in the Galaxy may prolong the
formulation of Fermi and eROSITA bubbles.
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The jet parameters, tj, rj, ρj, ε j and vj, cannot be directly acquired by observation.
Only the radiation intensity from the bubbles and the galactic disk are observed. Typically,
the jet parameters were selected and justified by matching the simulation results with the
observation data. Different sets of parameters have been proposed to account for similar
observation features of Fermi and eROSITA bubbles, possibly due to the complicated and
nonlinear physical processes underpinning these phenomena.

Table 1. Comparison of simulation cases and relevant parameters.

Case Model Is Initial Mass in
Galaxy Considered? Bubbles Time (Myr)

[6] MHD no Fermi 1.2
run A in [7] HD yes Fermi 5
run D in [7] HD yes Fermi 9

[8] MHD no Fermi and eROSITA 2.6
this work RMHD yes Fermi and eROSITA

HD: hydrodynamic, MHD: magnetohydrodynamic, RMHD: relativistic magnetohydrodynamic.

Table 2 lists the simulation parameters adopted in this work. Run A is designed to
validate the RMHD model by comparing the simulation results with the literature [8].
The parameters in run B and run C are the same as in run A, except that the initial mass
distribution in the Galaxy is considered in run B, and the magnetic field is absent in run C.

Table 2. Simulation parameters in this work.

Case tj (Myr) rj (kpc) ρj (g/cm3) εj (erg/cm3) vj (cm/s) B0 (µG)

Is Initial
Mass in
Galaxy

Considered?

run A 0.1 0.5 1.95 × 10−25 1.29 × 10−9 2.5 × 108 50 no
run B 0.1 0.5 1.95 × 10−25 1.29 × 10−9 2.5 × 108 50 yes
run C 0.1 0.5 1.95 × 10−25 1.29 × 10−9 2.5 × 108 0 no
run D 4.8 0.4 1.95 × 10−27 1.29 × 10−10 2.5 × 108 50 yes
run E 4.8 0.4 1.95 × 10−26 1.29 × 10−10 2.5 × 108 50 yes
run F 4.8 0.4 1.95 × 10−27 1.29 × 10−11 2.5 × 108 50 yes
run G 4.8 0.4 1.95 × 10−26 1.29 × 10−11 2.5 × 108 50 yes

The parameters in run D are selected to form another benchmark for comparison. The
initial mass distribution in the Galaxy and the magnetic field remain the same as in run B.
Compared with runs A, B and C, the duration of jet injection (tj) is significantly extended,
the jet radius (rj) is slightly reduced, and the mass density (ρj) and the internal energy
density (ϵj) of the jet are also reduced.

The parameters in runs E, F and G are the same as in run D, except the mass density
is increased to ρj = 1.95 × 10−26 (g/cm3) in run E and run G, while the internal energy
density is decreased to ϵj = 1.29 × 10−11 (erg/cm3) in run F and run G.

Table 3 lists the composition of ejected power and total ejected energy, based on the
jet parameters listed in Table 2. The ejected power is the product of the energy density,
cross-section and speed of the jet. The total ejected energy is the product of the ejected
power and duration of the jet injection.

Figure 1 shows the initial and evolutional distributions of mass density, gas pressure/
velocity and temperature in our Milky Way Galaxy, with the same simulation parameters
as in [8]. Figure 1a manifests a disk-like distribution of mass density around the Galactic
Equator. The mass density distribution, as given in (9), is composed of a galactic bulge,
thin stellar disk, thick stellar disk, HI gas disk, molecular disk and dark-matter halo. The
galactic bulge extends from the galactic center to r ≃ 5 and z ≃ 2.5. The mass density of
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thin and thick stellar disks decay in the z direction. The thicknesses of the HI gas disk and
molecular gas disk are about 0.5 and 0.2, respectively. The dark-matter halo permeates the
whole computational domain, and is denser around the galactic center.

Table 3. Components of ejected power and total ejected energy.

Case Pk (erg/s) Pth (erg/s) PB (erg/s) Ek (erg) Eth (erg) EB (erg)

run A 1.14 × 1043 2.41 × 1042 1.86 × 1041 3.60 × 1055 7.61 × 1054 5.87 × 1053

run B 1.14 × 1043 2.41 × 1042 1.86 × 1041 3.60 × 1055 7.61 × 1054 5.87 × 1053

run C 1.14 × 1043 2.41 × 1042 0 3.60 × 1055 7.61 × 1054 0
run D 7.29 × 1040 1.54 × 1041 1.19 × 1041 1.10 × 1055 2.34 × 1055 1.80 × 1055

run E 7.29 × 1041 1.54 × 1041 1.19 × 1041 1.10 × 1056 2.34 × 1055 1.80 × 1055

run F 7.29 × 1040 1.54 × 1040 1.19 × 1041 1.10 × 1055 2.34 × 1054 1.80 × 1055

run G 7.29 × 1041 1.54 × 1040 1.19 × 1041 1.10 × 1056 2.34 × 1054 1.80 × 1055

Pk : ejected kinetic power, Pth: ejected thermal power, PB: ejected magnetic power, Ek : total ejected kinetic energy,
Eth: total ejected thermal energy, EB: total ejected magnetic energy.

(a) (b) (c)

(d) (e) (f)

Figure 1. Initial and evolutional distributions of mass density, gas pressure/ velocity and temperature
in Milky Way Galaxy, run A, (a) ρ (g/cm3) at t = 0, (b) p (erg/cm3) at t = 0, (c) T (K) at t = 0,
(d) ρ (g/cm3) at t = 2.6 Myrs, (e) |v̄| (cm/s) at t = 2.6 Myrs, (f) T (K) at t = 2.6 Myrs. The flow
lines mark plasma motion; r and z coordinates are normalized with respect to length L0. These
distributions are compared with their counterparts in [8] to validate the RMHD model.

Figure 1b,c show the initial distributions of gas pressure and temperature, respectively.
The gas pressure is proportional to ρ, under the ideal gas law. The initial temperature is
uniform with T = 2.32 × 106 (K) [7].

Figure 1d shows that the plasma jet induces a forward shock to compress the ambient
medium, forging a shell that reaches z ≃ 11 and r ≃ 7, respectively. The jet induces a
high-mass region centered at z ≃ 7.5, with ρ ≃ 10−27 (g/cm3). A low-mass region in
2 < z < 4 near the z axis follows the high-mass region, with ρ ≃ 10−29 (g/cm3).

Figure 1e shows that the plasma flows outwards, with a maximum speed of about
3 × 108 (cm/s) around the forward shock, and decreases to about 107 (cm/s) behind the
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forward shock. Figure 1f shows that the temperature around the forward shock reaches
about 108 K. A low-temperature region is observed near the z axis around z ≃ 5, with
T ≃ 105 K. A similar low-temperature region was also observed in [8].

In short, the simulated bubbles with the proposed RMHD model in run A match
well with the literature in shape, size, large-scale structure, velocity distribution and
evolution time.

Figure 2 shows the distributions of mass density and temperature in run B and run C,
respectively, at t = 2.6 Myrs. With run A as the benchmark, run B includes the initial mass
distribution in the Galaxy, and run C excludes the magnetic field.

(a) (b)

(c) (d)

Figure 2. Distributions of mass density and temperature in run B and run C, at t = 2.6 Myrs,
(a) ρ (g/cm3) in run B, (b) T (K) in run B, (c) ρ (g/cm3) in run C, (d) T (K) in run C. With run A
as benchmark, run B includes the initial mass distribution in the Galaxy, and run C excludes the
magnetic field.

Figure 2a shows that the mass density within the bubble ranges from 10−28 to
10−27 (g/cm3), which is higher than that in run A. The mass density around the for-
ward shock is higher than that in the central part of the bubble. The forward shock travels
to z ≃ 9 and r ≃ 5, respectively. The forward shock expands slightly slower than that in
run A, impeded by the initial mass distribution in the Galaxy. In other words, the bubble
takes a longer time to evolve to the same size as in run A when the initial mass distribution
is present.

Figure 2b manifests a discontinuity in temperature distribution around the forward
shock. The spread of the high-temperature region near the Galactic Equator is obviously
impeded as compared with run A.

Figure 2c manifests a high-mass region dragged by the jet, followed by a low-mass
region. The features in z < 4 and r < 4 become simpler as compared with run A. Figure 2d
manifests a discontinuity in temperature distribution around the forward shock. No
complex features are observed in z < 4 and r < 4, as in Figure 2c. The spread of the
high-temperature region near the Galactic Equator is obviously impeded as compared with
run A, but moves farther than in run B.
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In order to reconstruct both Fermi bubbles and eROSITA bubbles from a single jet
eruption, the jet parameters in run D are adjusted to match the observed morphology, as
shown in Figure 3. The duration of jet injection (tj) is significantly extended to induce a hot
region in the central part, reconstructing the Fermi bubbles that emit γ-rays. The jet radius
rj is slightly reduced to control the size of the bubbles.

With run D as benchmark, the mass density is increased to ρj = 1.95× 10−26 (g/cm3) in
run E and run G, while the internal energy density is decreased to ϵj = 1.29×10−11 (erg/cm3)
in run F and run G, to investigate their effects on bubble formation.

(a) (b) (c)

Figure 3. Distributions of mass density, velocity and temperature in run D, at t = 5.15 Myrs,
(a) ρ (g/cm3), (b) |v̄| (cm/s), (c) T (K); flow lines mark plasma motion. In order to reconstruct both
Fermi bubbles and eROSITA bubbles, duration of jet injection (tj) is significantly extended to induce
a hot region conformal to Fermi bubbles, and jet radius (rj) is slightly reduced to adjust the size
of bubbles.

Figure 3 shows the distributions of mass density, velocity and temperature of the
plasma in run D, at t = 5.15 Myrs, which roughly reveal the morphology of Fermi bubbles
and eROSITA bubbles. All the three distributions manifest an outer shell enclosed by a
forward shock (white curve) and a central lobe enclosed by a discontinuity transition (red
curve). The inner part of the central lobe, featuring low mass density and low temperature,
is enclosed by a yellow curve, which will be used to computed the γ-ray residual map later.

The outer shell expands to r ≃ 7 and z ≃ 13. Its shape and size are comparable to
those of eROSITA bubbles [3]. Compared with the central lobe, the outer shell has a higher
density of ρ ≃ 10−28–10−27 (g/cm3) and a lower temperature of 107–7 × 107 (K).

The central lobe extends to r ≃ 4 and z ≃ 10, respectively. Its shape and size are
comparable to those of Fermi bubbles [3]. The mass density is about ρ = 10−29 (g/cm3).
The outer edge of the central lobe, with a thickness of about 2.5 (kpc), manifests a high
temperature of about 108–2 × 108 (K). The temperature off the outer edge decreases to
about 107 (K).

Figure 3b shows a boundary segment (indicated by a bold black arrow) between
the central lobe and the outer shell, across which the plasma motion is parallel to the
boundary; the mass density, speed and temperature manifest significant discontinuity. The
discontinuity across the other boundary segment is not so obvious, as the plasma flows
across the boundary. The tangential discontinuity and the forward shock mark the edges of
the Fermi bubbles and eROSITA bubbles, respectively, brought by the same jet eruption.

The plasma is composed of both thermal and non-thermal particles, with the latter
much fewer in number than the former. In the outer edge of the central lobe, the rising
temperature increases the number of relativistic particles, which are responsible for γ-ray
emission via inverse Compton scattering and non-thermal bremsstrahlung.

Figure 4 shows the distributions of mass density and temperature in runs E, F and G,
respectively, at t = 5.15 Myrs, which are compared with their counterparts in run D.
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(a) (b) (c)

(d) (e) (f)

Figure 4. Distributions of mass density and temperature in runs E, F and G, at t = 5.15 Myrs,
(a) ρ (g/cm3) in run E, (b) ρ (g/cm3) in run F, (c) ρ (g/cm3) in run G, (d) T (g/cm3) in run E, (e) T
(g/cm3) in run F, (f) T (g/cm3) in run G. With run D as benchmark, the mass density is increased
to ρj = 1.95 × 10−26 (g/cm3) in run E and run G, while the internal energy density is decreased to
ϵj = 1.29 × 10−11 (erg/cm3) in run F and run G.

Referring to Tables 2 and 3, the jet mass density and the ejected kinetic power in run E
are ten times larger than their counterparts in run D, and the ejected thermal power is the
same in both run D and run E.

In run E, the mass density in the central lobe increases to about 10−27, and the temper-
ature in the central lobe decreases to about 106–107 K. A low-temperature region appears
near the z axis behind the discontinuity transition, similar to Figures 1f and 2d, because
larger kinetic energy implies lower thermal energy, hence lower temperature.

In run F, the jet mass density and the ejected kinetic power are the same as those in
run D, and the ejected thermal power is ten times smaller than that in run D. The forward
shock reaches r ≃ 5 and z ≃ 8, respectively, and the bubbles are significantly smaller in
size than those in run D.

The resulting mass density distribution manifests an outer shell with higher density
and a central lobe with lower density. The temperature in the front edge of the central lobe
is higher than that behind it. In short, the distributions appear similar to their counterparts
in run D, but it takes much longer evolution time in run F to achieve a similar size to that
in run D because of the lower ejected thermal energy in run F.

In run G, the jet mass density and the ejected kinetic power are the same as those in
run E, but the ejected thermal power is ten times smaller than that in run E. The resulting
mass distribution appears very similar to that in run E, but the size of bubbles is slightly
smaller. The temperature in the central lobe is lower than that in run E because of the lower
ejected thermal energy in run G.

In summary, the initial mass distribution in the Galaxy tends to impede the expansion
of bubbles. The features internal to the bubbles become more complicated if the magnetic
field is present. If the jet mass density and the ejected kinetic power increase while the
ejected thermal power remains the same, the resulting mass density increases and the
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temperature decreases in the central lobe. If the ejected thermal power decreases while
the jet mass density and the ejected kinetic power remain the same, the bubbles evolve
more slowly. A jet carrying large kinetic energy tends to induce a depletion region with
low temperature behind the discontinuity transition.

Spiral-Arm Model

So far, the simulation results have manifested salient features of Fermi bubbles and
eROSITA bubbles. A spiral-arm model of mass density is adopted to substitute the disk
model near the Galactic Equator, including more details of mass distribution in the Galaxy.
In our azimuthal symmetric model, the stellar disk is approximated as concentric tubes,
with the cross-sectional sizes compatible with the observed pattern in the spiral arms [39].
Explicitly, the mass density in the spiral arms is given by

ρthin =
Σ′

thin
2zthin

e−|z|/zthin−r/rthin[
e−(r/2.2)2

+ e−((r−5.2)/0.8)2
+ e−((r−6.9)/0.4)2

+ e−((r−8.85)/0.55)2
]

(38)

ρthick =
Σ′

thick
2zthick

e−|z|/zthick−r/rthick[
e−(r/2.2)2

+ e−((r−5.2)/0.8)2
+ e−((r−6.9)/0.4)2

+ e−((r−8.85)/0.55)2
]

(39)

where Σ′
thin and Σ′

thick are adjusted to make the total mass in the spiral-arm model the same
as that in the disk model.

Figure 5 shows the distributions of mass density in the thin and thick spiral arms,
respectively, as well as their sum in the spiral-arm model. The mass density distribution
is composed of a central disk with radius 2.2 in the r direction, a first tube of width 0.8
centered at r = 5.2, a second tube of width 0.4 centered at r = 6.9 and a third tube of width
0.55 centered at r = 8.85. The central disk and the three tubes are concentric about the
z axis.

(a) (b) (c)

Figure 5. Distributions of mass density in spiral-arm model, (a) thin spiral-arm, ρthin (g/cm3),
(b) thick spiral-arm, ρthick (g/cm3), (c) sum of both, ρ (g/cm3).

Figure 6 shows the distributions of mass density and temperature in run D, with the
spiral-arm model, at t = 5 Myrs. The central lobe extends to r ≃ 4 and z ≃ 10, and the outer
shell extends to r ≃ 7 and z ≃ 12. The outer shell has a higher mass density and the central
lobe has a lower mass density. The temperature in the outer shell is about 107–8 × 107 (K),
and that in the outer edge of the central lobe, with a thickness of about 2.5 (kpc), is about
108–2 × 108 (K), which decreases to about 107 (K) in the inner part.
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(a) (b)

Figure 6. Distributions of mass density and temperature in run D, with spiral-arm model, at t = 5 Myrs,
(a) ρ, (b) T.

In general, the shape, size and internal features are very similar to those shown in
Figure 3, simulated with the galactic disk model. The mass density in the outer shell
with the spiral-arm model is a little lower than that with the galactic disk model, and the
temperature in the outer shell with the spiral-arm model is a little higher than that with the
galactic disk model.

4. Simulations on Emission from Fermi Bubbles and eROSITA Bubbles

Figure 7 shows the simulation scenario and the coordinate system used to compute γ-
ray and X-ray emission by solving the radiative transfer Equation (17). The computational
domain is a cylindrical region which is axisymmetric about the z axis. The Sgr A∗ is located
at the origin and our Sun lies on the x axis, at a distance of 8.32 kpc from the origin [40].
The spectral radiation intensity Iν observed on the Earth is computed by solving (17) and
integrating along the line-of-sight coordinate s, marked by red line, shown in Figure 7a.
Figure 7b,c show the side view and top view, respectively, of the scenario. The bubble
is bounded in elevation by galactic latitude b = b0 and in azimuth by galactic longitude
ℓ = ℓ0.

(a) (b) (c)

Figure 7. Simulation scenario and coordinate system for computing γ-ray and X-ray emission,
(a) panoramic view, (b) side view, (c) top view.

Figure 8a shows the probability density functions of thermal electrons and non-thermal
electrons. The thermal electrons follow the Maxwell–Boltzmann distribution at T = 107 K,
a typical temperature in Fermi bubbles [41]. The energy of most thermal electrons falls in
E < 104 eV (γ = 1.019). Non-thermal electrons follow a power-law distribution

fn(E) =
N0

Ne
E−pe (40)
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The probability density at E = 105 eV is about f (E) = 10−5. The minimum energy Emin of
non-thermal electrons, as marked in Figure 8a, is determined by solving (22).

(a) (b) (c)

(d) (e) (f)

Figure 8. (a) Probability density functions of thermal electrons at T = 107 K (———-) and non-
thermal electrons (———-), (b) spectrum of CMB plus ISRF , ———-: ISRF spectrum at (r, z) = (0, 0)
via GALPROP [42], ———-: ISRF spectrum at (r, z) = (8, 0) via the RT model [43], (c) vertical profiles
of ISRF, ———-: 2.2 µm [44], ———-: 24 µm [43], ———-: 62 µm [43], ———-: 100 µm [43], ———-:
340 µm [44], solid curves mark literature data, dashed lines mark power-law regression lines, nph

is in unit of 1/cm3/eV and z is in unit of kpc; (d) distribution of jic (erg/cm3/sr/s/eV) computed
with ISRF spectrum at (r, z) = (8, 0) via the RT model [43], (e) distribution of jic (erg/cm3/sr/s/eV)
computed with interpolated ISRF spectrum, (f) spectrum of jic (erg/cm3/sr/s/erg), with N0 = 1.

Figure 8b shows the spectrum of CMB plus ISRF, which are the photons induced by
inverse Compton scattering in the Milky Way Galaxy. The spectra marked by the red curve
and black curve are computed at (r, z) = (0, 0) and (8, 0), respectively, via GALPROP [42]
and a radiation transfer (RT) model [43], respectively, which were well calibrated for use in
our Milky Way Galaxy [42,43].

The ISRF spectral profile in the computational domain is derived by interpolating in
the r direction from the available data at (r, z) = (0, 0), (4, 0), (12, 0) in [42] and those at
(1, 0) and (8, 0) in [43]. Since these five profiles are similar to one another, only those at
(r, z) = (0, 0) and (8, 0) are shown in Figure 8b. Note that the contribution of emission
from the region r > 8 is negligible.

The ISRF spectrum varies from place to place in the Milky Way Galaxy. In general,
the ISRF spectrum is stronger near the galactic center and decreases outwards [42]. The
spectrum at (r, z) = (8, 0) (kpc) is roughly comparable to that at (r, z) = (0, 0) (kpc) in
3 × 10−2 < ϵ0 < 10−1 (eV). In 10−1 < ϵ0 < 101 (eV), the spectrum at (r, z) = (8, 0) (kpc) is
about one order smaller than that at (r, z) = (0, 0) (kpc). At (r, z) = (8, 0), the maximum
number density of photons is nph ≃ 5× 103 (1/cm3/eV) at ϵ0 = 6× 10−3 eV, and decreases
to nph ≃ 2 × 10−4 (1/cm3/eV) at ϵ0 = 10 eV.

Similarly, the ISRF spectral profile in the z direction is interpolated from the available
data at λ = 24, 62, 100 µm in [43] and those at λ = 2.2, 340 µm in [44], as shown in Figure 8c.
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It is observed that the ISRF (nph) approximately follows the power-law distribution with re-
spect to z as nph(λ, z) = nph(λ, 0)× z−|L|. By regressing with the data in [43,44], the power-
law indices at λ = 2.2, 24, 62, 100, 340 µm are estimated as L = −1.2,−0.89,−0.79,−0.90
and −0.47, respectively. The profiles of nph(λ, z) at other wavelengths are interpolated in
terms of these five power-law profiles.

Figure 8d,e show the distributions of jic attributed to inverse Compton scattering,
computed with the ISRF spectrum at (r, z) = (8, 0) via the RT model [43] and the inter-
polated ISRF spectrum, respectively. Each distribution manifests an outer shell with a
higher magnitude and a central lobe with a lower magnitude. The emissivity around the
origin and the outer shell near the Galactic Equator in Figure 8d is weaker than that in
Figure 8e. The emissivity around the forward shock in Figure 8d is slightly stronger than
that in Figure 8e. In this work, the interpolated ISRF spectrum is adopted in the subsequent
simulations.

Figure 8f shows the spectral emissivity of jic, with N0 = 1. The magnitude of jic(ν)
decays exponentially with the photon frequency. Its value is jic ≃ 10−7 (erg/cm3/sr/s/erg)
at ν = 1015 Hz (4.1 eV), and jic ≃ 10−13 (erg/cm3/sr/s/erg) at ν = 1025 Hz (41 GeV).

Figure 9a shows the distribution of minimum internal energy Emin (eV) in run D, which
is about 104 eV in the outer edge of the central lobe, and about 103 behind the forward
shock. The value of Emin is determined by solving the self-consistent Equations in (20)–(22),
given the empirical values of a1, a2 and Emax. These three equations are based on the power-
law distribution of non-thermal electrons, which may lose their energy through Coulomb
interaction, bremsstrahlung, synchrotron radiation and inverse Compton scattering. The
Coulomb interaction dominates low-energy electrons, and the cooling time scale at low
energy is typically shorter than the time scale of plasma evolution. The cooling of non-
thermal electrons has a negligible effect on the thermal plasma due to the tiny fraction of
non-thermal electrons.

(a) (b) (c)

Figure 9. (a) Distribution of Emin (eV) in run D, (b) spectra emissivity djic/dE (cm3/sr/s/eV)
attributed to inverse Compton scattering, N0 = 1, (c) spectra of non-thermal electron number density
in (41), under cooling effect, N0 = 1, n = 6 × 10−5 (1/cm3), Te = 108 (K), ———-: t = 0, ———-:
t = 3 Myrs, ———-: t = 5 Myrs.

Figure 9b shows the spectral emissivity djic/dE attributed to inverse Compton scat-
tering, with N0 = 1. It is observed that the electrons with energy of about 106 (eV) are
responsible for X-ray emission in 0.6–1 (keV), and those with energy higher than 109 (eV)
are responsible for γ-ray emission in 2–5 GeV. Non-thermal electrons with power-law
energy spectrum are the dominant source of emission in this work. In situ acceleration and
cooling effect may affect the electron energy spectrum [9,38], leading to subtle differences
in radiation.

The time scales of cooling due to Coulomb loss on non-thermal electrons at E = 106

and 109 (eV) are estimated as 104 and 107 years, respectively. The evolution time scale of
Fermi bubbles and eROSITA bubbles in the simulations is about 106–107 yrs. By considering
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the cooling effect, the power-law spectrum of non-thermal electron number density in (18)
is modified as [45]

dne(E) = N(E)dE = N0

(
E3/2 + 1.16 × 10−5λeent

)−(2pe+1)/3
E1/2dE (41)

where t (in sec) is the time since jet eruption,

λee = 30.9 − ln
[

n1/2
(

1
kBTe

)]
is an empirical formula of Coulomb logarithm and kBTe is in unit of keV. Note that (41)
reduces to (18) at t = 0.

Figure 9c shows the spectra of non-thermal electron number density in (41), under
cooling effect, with N0 = 1, n = 6 × 10−5 (1/cm3) and Te = 108 (K). Due to the cooling
effect, the number density N(E) decreases with time if E < 105 (eV), but changes slightly
if E > 105 (eV). The emission of X-rays and γ-rays via inverse Compton scattering is
dominated by non-thermal electrons with E > 105 (eV), of which the number density barely
changes by the cooling effect in t ≤ 5 Myrs. Thus, reconstructions of the bubbles in X-rays
and γ-rays, respectively, on the skymap with the spectrum of non-thermal electron number
density in (41) are indiscernible from their counterparts reconstructed with the power-law
spectrum in (18).

The image of Fermi bubbles was acquired from the received photons with energy of
1–50 GeV [2], and that of eROSITA bubbles was acquired from the received photons with
energy of 0.3–2.3 keV [3]. In this work, the RMHD model is applied to simulate the plasma
distributions, as shown in Figure 3. Then, the spectral emissivities in γ-rays and X-rays,
respectively, are computed by using the simulated plasma distributions and are compared
with the observed images [2,3].

It is assumed that the fraction a1 of non-thermal electron number density is the same
as the fraction a2 of non-thermal internal energy density, and the fraction a1p of high-energy
proton number density is the same as the fraction a2p of high-energy proton internal energy
density. In other words, a1 = a2 and a1p = a2p. The plasma distribution in the RMHD
model is composed of thermal and non-thermal particles. The fraction of non-thermal
particles is quite small; hence, the plasma velocity is in the order of 100 km/h, much slower
than the speed of light.

A set of parameters are adjusted to successfully reconstruct both images in γ-rays and
X-rays, respectively, on the skymap. The fractions a1 and a1p are estimated by comparing the
reconstructed image and the observed one in γ-rays, as well as the relative contributions
between leptonic and hadronic processes. As will be shown in Figures 10 and 11, the
hadronic process is much more efficient than the leptonic process in γ-ray emission, leading
to a1 ≫ a1p. The simulation results also indicate that the hadronic process alone cannot
reconstruct the observed image in X-rays. Hence, both leptons and hadrons are considered
in the simulations, as will be shown in Figure 12.

Figure 10 shows the distributions of spectral emissivities (erg/cm3/sr/s/eV) at ϵ = 2 GeV
(4.8 × 1023 Hz) and the skymap of radiation intensity at 2–5 GeV, with a1 = 1× 10−7 and
a1p = 10−18. The total internal energy of non-thermal electrons is about 2.1 × 1048 (erg), of
which about 1037 (erg) is contributed by hadrons. In [8], the energy of cosmic-ray electrons
exerted in forming the observed Fermi bubbles was estimated to be about 1051 (erg).



Universe 2024, 10, 279 19 of 26

(a) (b) (c)

(d) (e)

Figure 10. Distributions of spectral emissivities (erg/cm3/sr/s/eV) at ϵ = 2 GeV (4.8 × 1023 Hz) and
skymap of radiation intensity at 2–5 GeV, a1 = 1 × 10−7 and a1p = 1 × 10−18, (a) jic(ϵ), (b) jnt

ff (ϵ),
(c) jπγ(ϵ), (d) jsec(ϵ), (e) skymap of radiation intensity (keV/cm2/s/sr).

Figure 10a shows that the spectral emissivity of inverse Compton scattering at
ν = 4.8 × 1023 Hz extends to r ≃ 7 and z ≃ 13, respectively. The magnitude is about
10−36 erg/cm3/sr/s/eV. The emissivity in the outer shell is higher than that in the central
lobe. Figure 10b shows the spectral emissivity of non-thermal bremsstrahlung. The highest
emissivity appears behind the forward shock, near the Galactic Equator. Its magnitude is
about 10−45 erg/cm3/sr/s/eV, much smaller than that of inverse Compton scattering.

Figure 10c shows the spectral emissivity of γ-ray produced via the decay of neutral
pions. The highest emissivity appears behind the forward shock, near the Galactic Equator,
and its magnitude is about 10−53 erg/cm3/sr/s/eV. Figure 10d shows the spectral emis-
sivity of γ-rays produced by secondary electrons. The emissivity reaches a maximum of
about 10−36 erg/cm3/sr/s/eV near the edges of the central lobe, and decreases to about
10−39 erg/cm3/sr/s/eV in the outer shell.

Figure 10e shows the skymap of radiation intensity at 2–5 GeV, which is drawn
with an Aitoff projection [46]. The magnitude at low galactic latitudes (|b| < 15◦) is
about 104 keV/cm2/s/sr, and decays towards high galactic latitudes. This skymap is
contributed by cosmic rays only, excluding the isotropic background γ-rays in the Milky
Way Galaxy [14].

In our simulations, non-thermal electrons are produced by the jet and the accompany-
ing shock waves. The forward shock reaches r ≃ 7 at the present day, while the Earth is
located at r = 8.32. Since non-thermal electrons have not traversed beyond the forward
shock, the observed radiation at |ℓ| > 80◦ is contributed by other mechanisms not consid-
ered in this work. The excess γ-rays observed by the Fermi LAT were attributed to pulsars
or dark-matter annihilation in |b| < 30◦ and |ℓ| < 10◦ [47], which are not considered in our
simulations.

Figure 11 shows the spectral emissivities (erg/cm3/sr/s/eV) at ϵ = 2 GeV (4.8× 1023 Hz)
in the inner part of the central lobe, which is enclosed by a yellow curve as shown in Figure 3.
The total internal energy of non-thermal electrons is about 8.4× 1045 (erg).
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(a) (b) (c)

(d) (e) (f)

Figure 11. Spectral emissivities (erg/cm3/sr/s/eV) at ϵ = 2 GeV (4.8 × 1023 Hz) in inner part of the
central lobe and skymap of radiation intensity at 2–5 GeV, (a) jic(ϵ), (b) jnt

ff (ϵ), (c) jπγ(ϵ), (d) jsec(ϵ),
(e) skymap of radiation intensity (keV/cm2/s/sr), (f) residual map (keV/cm2/s/sr) in [2].

Figure 11a shows the spectral emissivity of inverse Compton scattering, jic(ϵ), which
is stronger near the bottom half area above the Galactic Equator. Figure 11b shows the
spectral emissivity of non-thermal bremsstrahlung, jnt

ff (ϵ), with a magnitude of about
10−46 erg/cm3/sr/s/eV, much smaller than that of inverse Compton scattering.

Figure 11c shows the spectral emissivity of γ-rays, jπγ(ϵ), produced via the decay
of neutral pions, with a magnitude of about 10−54 erg/cm3/sr/s/eV. Figure 11d shows
the spectral emissivity of γ-rays, jsec(ϵ), produced by secondary electrons. It is computed
by using the emissivity of inverse Compton scattering in (26), with N(γe) replaced by
the energy spectrum of secondary electrons, Qe(Ee), in (34). The magnitude is about
10−36 erg/cm3/sr/s/eV.

Summarized from Figure 11a–d, the emissivity at ϵ = 2 GeV in the central lobe
is mainly contributed by the inverse Compton scattering of non-thermal electrons and
secondary electrons.

Figure 11e shows the skymap of radiation intensity at 2–5 GeV, contributed by non-
thermal electrons in the central lobe. Two bubbles appear in the north and the south
hemispheres, respectively, extending in the range ±50◦ in latitude and 30◦ in longitude.
The magnitude is about 101.5 keV/cm2/s/sr, which is much smaller than that from the
outer shell, as shown in Figure 10e.

Figure 11f shows the residual map transformed from [2], which was obtained by
removing the radiation from the galactic disk to highlight the contribution of the jet. The
skymap of radiation intensity shown in Figure 11e roughly matches the residual map in
Figure 11f in terms of size, shape and magnitude. It is reconfirmed that the Fermi bubbles
in γ-ray emission are mainly contributed by inverse Compton scattering in the central lobe.

Figure 12 shows the spectral emissivities (erg/cm3/sr/s/eV) at ϵ = 0.6 keV (1.46× 1017 Hz)
and the skymap of radiation intensity at 0.6–1 keV. Figure 12a shows that the spectral emissivity
of inverse Compton scattering manifests a central lobe and an outer shell, which roughly de-
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lineate the shapes of Fermi bubbles and eROSITA bubbles, respectively. The magnitude of the
emissivity is about 10−33 erg/cm3/sr/s/eV.

(a) (b) (c)

(d) (e)

Figure 12. Spectral emissivities (erg/cm3/sr/s/eV) at ϵ = 0.6 keV and skymap of radiation in-
tensity at 0.6–1 keV, (a) jic(ϵ), (b) jnt

ff (ϵ), (c) jtff(ϵ), (d) jsec(ϵ), (e) skymap of radiation intensity
(keV/cm2/s/sr).

Figure 12b shows the spectral emissivity of non-thermal bremsstrahlung. The morphol-
ogy is similar to that in Figure 12a, while the magnitude decreases to about
10−44 erg/cm3/sr/s/eV. Figure 12c shows the spectral emissivity of thermal bremsstrahlung,
with a magnitude about 10−38 erg/cm3/sr/s/eV. Figure 12d shows the spectral emissivity
attributed to secondary electrons, with a magnitude that is about 10−41 erg/cm3/sr/s/eV
in the outer shell and decreases to about 10−43 erg/cm3/sr/s/eV beyond the bubbles. The
results in Figure 12a–d indicate that the X-ray emission at 0.6 keV is dominated by the
inverse Compton scattering.

Figure 12e shows the skymap of X-ray radiation intensity (keV/cm2/s/sr) at 0.6–1.0 keV.
Two bubbles appear in the north and the south hemispheres, extending to about ±75◦ in
latitude and covering about 100◦ in longitude. These bubbles match the observed eROSITA
bubbles in size and shape.

In summary, a set of parameters are adjusted to successfully reconstruct bubbles in
γ-rays and X-rays, respectively, on the skymap. The contributions of leptons and hadrons
are comparable in reconstructing γ-ray bubbles. The relation a1 ≫ a1p implies that the
hadronic process is much more efficient than the leptonic process in γ-ray emission. The
X-ray emission is mainly contributed by leptons. In the leptonic process, the inverse
Compton scattering dominates both X-ray and γ-ray emissions. In the hadronic process,
the secondary electrons contribute most of the γ-ray emission.

Figure 13 shows the longitudinal profiles of surface brightness I (counts/s/deg2) at
0.6–1.0 keV, at galactic latitudes of 40◦, 50◦ and 60◦, respectively [3,8], where count means
the number of photons. Figure 13a shows that, at |b| = 40◦ and |ℓ| < 50◦, the observed
surface brightness is about 4–17 counts/s/deg2 in the northern hemisphere, and about
6–10 counts/s/deg2 in the southern hemisphere. The simulated surface brightness is about
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8–9 counts/s/deg2, which is comparable to the observed data. The maximum value occurs
at |ℓ| ≃ 25◦, and decays quickly at |ℓ| > 25◦.

(a) (b) (c)

Figure 13. Longitudinal profile of surface brightness I (counts/s/deg2) at 0.6–1.0 keV [3,8],
(a) |b| = 40◦, (b) |b| = 50◦, (c) |b| = 60◦; ———: simulated, ———: observed in northern hemisphere,
———: observed in southern hemisphere.

The observed surface brightness at |ℓ| > 50◦ decays to about 4–5 counts/s/deg2. The
simulated surface brightness at |ℓ| > 70◦ decays to I < 3 counts/s/deg2. In [3], the surface
brightness estimated with an analytical model decays to I < 3 counts/s/deg2 at |ℓ| ≃ 60◦.
The value observed at high |ℓ| is higher than simulation, possibly appended by detector
noise, background cosmic X-ray and particles [3,48]. In [48], hydrodynamic simulations
were performed to investigate the asymmetric eROSITA bubbles under the influence of
background cosmic X-rays of about 2 counts/s/deg2.

In short, the emission of eROSITA bubbles concentrates in |ℓ| < 50◦, and the observed
surface brightness at |ℓ| > 50◦ is not emitted from the eROSITA bubbles.

Figure 13b shows that, at |b| = 50◦ and |ℓ| < 50◦, the observed surface brightness is about
4–15 counts/s/deg2 in the northern hemisphere and about 5–8 counts/s/deg2 in the southern
hemisphere. The simulated surface brightness is about 11–12 counts/s/deg2, comparable
to the observed data in both hemispheres. The maximum value of I ≃ 12 counts/s/deg2

appears at galactic longitude |ℓ| ≃ 15◦, and decays quickly at |ℓ| > 15◦.
Figure 13c shows that, at |b| = 60◦ and |ℓ| < 50◦, the observed surface brightness is

about 4–13 counts/s/deg2 in the northern hemisphere and about 5–7 counts/s/deg2 in
the southern hemisphere. The simulated surface brightness reaches a maximum of about
12 counts/s/deg2 at |ℓ| = 0◦, and decreases below 3 counts/s/deg2 at |ℓ| ≃ 40◦.

The observed X-ray skymap at 0.6–1 keV [3] was processed to enhance large-scale
features of the bubbles; hence, it cannot be directly compared with the simulation data [3].

Figure 14 shows the spectral emissivity attributed to synchrotron radiation and the
skymap of simulated synchrotron radiation at 23 GHz, transformed to the same unit as that
of the skymaps in γ-rays and X-rays. In [49], spectral and morphological characteristics
of diffuse galactic emission in the WMAP data were analyzed. Microwave haze or cosmic
microwave background (CMB), with a magnitude about 0.2–6 (kJy/sr) at 23 GHz, was
observed in the inner Galaxy on all the residual maps. The spectrum of microwave haze
matched that of synchrotron emission from cosmic-ray electrons.

Figure 14a shows the differential spectral emissivity attributed to synchrotron radia-
tion, djsy/dE (cm3/sr/s/eV), with N0 = 1 and |B̄| = 7 (µG). It is observed that the radiation
at ν = 23 GHz is mainly contributed by the electrons with energy of E ≃ 109–1010 (eV).

Figure 14b shows the skymap of simulated synchrotron radiation I at 23 GHz, con-
tributed by non-thermal electrons. The maximum radiation intensity is about 3 × 10−16

(keV/cm2/s/Hz/sr) = 5 × 10−2 (Jy/sr), which is about four orders weaker than
0.2–6 (kJy/sr) in the observed microwave haze [49].

Various mechanisms have been proposed to explain microwave haze, including galac-
tic wind, starburst, second-order acceleration, AGN jet and dark-matter annihilation [50].
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In [51], a semi-analytical model was proposed to study microwave haze and its relevance
to the Fermi bubbles. A reverse shock was predicted to re-accelerate cosmic-ray elec-
trons and generate synchrotron radiation, explaining the spectrum and morphology of
microwave haze.

(a) (b)

Figure 14. Differential spectral emissivity attributed to synchrotron radiation and skymap of simu-
lated synchrotron radiation at 23 GHz, (a) djsy/dE (cm3/sr/s/eV), with N0 = 1 and |B̄| = 7 (µG),
(b) I (keV/cm2/s/Hz/sr) at 23 GHz. The unit of I is transformed to that of skymaps in γ-rays and
X-rays.

The reverse shock in [51] was predicted at r ≃ 1 (kpc), which fell within the tangential
discontinuity around r ≃ 3 (kpc). As shown in Figure 3a, the reverse shock was located
in a very dilute region; hence, it could barely be observed in the simulations. In this
work, possible mechanisms of galactic wind, starburst, second-order acceleration and
dark-matter annihilation are not included; hence, the observed microwave haze cannot be
well reconstructed.

Highlights and Prospects

An RMHD model, a leptonic emission model and a hadronic emission model have been
integrated to reconstruct Fermi bubbles and eROSITA bubbles on the skymap, including
shape, size and radiation intensity. The plasma distributions after a jet eruption from
the galactic center are simulated with the RMHD model, manifesting forward shock and
discontinuity transition that match the size and shape of the observed eROSITA bubbles
and Fermi bubbles, respectively. A set of parameters are adjusted to successfully reconstruct
skymaps of emission in γ-rays and X-rays, respectively, which match well with the observed
Fermi bubbles and eROSITA bubbles, respectively, in shape, size and radiation intensity.

The effects of initial mass distribution in the Galaxy and the magnetic field on the
evolution of plasma distributions have been investigated. The initial mass in the Galaxy
tends to impede the expansion of bubbles, and the magnetic field induces more complicated
features internal to the bubbles.

The effects of jet mass density (ρj) and jet internal energy density (ϵj) have been
analyzed. If the jet mass density and the ejected kinetic power increase, while the ejected
thermal power is fixed, the resulting mass density increases while the temperature decreases
within the Fermi bubbles. If the ejected thermal power decreases while the jet mass density
and the ejected kinetic power are fixed, the bubbles will expand slower. If the ejected
kinetic energy is large, a depletion region with low temperature will be induced behind the
forward shock.

Subtle differences between the spiral-arm model and the galactic disk model on the
evolution of plasma distributions are compared. The shape, size and internal features in
the resulting distributions of these two models are very similar. The mass density in the
outer shell with the spiral-arm model is a little lower than that with the galactic disk model,
and the temperature in the outer shell with the spiral-arm model is a little higher than that
with the galactic disk model.
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The energy spectrum of non-thermal electrons, the spectra of cosmological microwave
background and interstellar radiation fields, as well as the spectrum of inverse Compton
scattering haven been revisited.

Different emission mechanisms of leptonic and hadronic processes have been analyzed.
The contributions to γ-rays from leptonic and hadronic processes are comparable, under
the condition of a1 ≫ a1p, which implies the hadronic process is much more efficient than
the leptonic process in emitting γ-rays. The X-ray emission is mainly contributed by the
leptons. The emission of Fermi bubbles and eROSITA bubbles are attributed to both leptons
and hadrons. In the leptonic process, inverse Compton scattering dominates in both X-ray
and γ-ray emission. In the hadronic process, secondary electrons contribute most of the
γ-ray emission.

5. Conclusions

An RMHD model, a leptonic emission model and a hadronic emission model have
been integrated to reconstruct the observed Fermi bubbles and eROSITA bubbles. The
plasma distributions induced by a jet eruption from the center of our Milky Way Galaxy are
simulated, manifesting an outer shell and a central lobe which match the eROSITA bubbles
and the Fermi bubbles, respectively, in shape and size. The skymap of radiation intensity
computed with the simulated plasma distributions match well with the Fermi bubbles in
γ-rays and the eROSITA bubbles in X-rays. The emission from Fermi bubbles and eROSITA
bubbles is contributed by both leptons and hadrons.

The emission mechanisms of leptonic and hadronic processes have been revisited.
Among the leptonic processes, inverse Compton scattering dominates in both X-ray and
γ-ray emission. Among the hadronic processes, secondary electrons contribute most of
the γ-ray emission. The number density of non-thermal leptons is much higher than that
of non-thermal hadrons. The contributions from leptons and hadrons are comparable in
γ-ray emission, implying that the hadronic process is much more efficient than the leptonic
process in emitting γ-rays. The X-ray emission is mainly contributed by the leptons.

The initial mass distribution in the Galaxy tends to impede the expansion of bubbles,
and the magnetic field tends to induce complicated features internal to the bubbles. Subtle
differences attributed to different models or factors have also been investigated, including
the spiral-arm model versus the galactic disk model on the plasma distributions, the energy
spectrum of non-thermal electrons, the spectra of cosmological microwave background and
interstellar radiation fields, and the spectrum of inverse Compton scattering. Synchrotron
radiation from plasma distribution is computed, and possible mechanisms of microwave
haze have been briefly discussed.
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